
Theorem 1 [Bor].
Suppose P is a Coxeter polytope with Coxeter diagram Σ, and p is the face corresponding
to an elliptic subdiagram σ of Σ that has no An and D5 component. Then p is itself a
Coxeter polytope.

A node of Σ attaches to σ if it is joined to some node of σ by an edge of any type.

Let p be a face of P . Let a and b be facets of p such that a = A ∩ p, b = B ∩ p, where A
and B are facets of P . Denote by ∠ab the dihedral angle of p formed by a and b.

Theorem 2 [All]. Under the hypotheses of Theorem 1:

(1) If neither A nor B attaches to σ, then ∠ab = ∠AB.
(2) If just one of A and B attaches to σ, say to the component σ0, then

(a) if A ⊥ B then a ⊥ b;
(b) if A and B are joined by a single edge and adjoining A and B to σ0 yields a

diagram Bk (resp Dk, E8 or H4), then ∠ab = π/4 (resp π/4, π/6 or π/10);
(c) otherwise, a and b do not meet.

(3) If A and B attach to different components of σ, then
(a) if A ⊥ B then a ⊥ b;
(b) otherwise, a and b do not meet.

(4) If A and B attach to the same component of σ, say σ0, then
(a) if A and B are not joined, and σ0∪{A,B} is a diagram E6 (resp. E8 or F4),

then ∠ab = π/3 (resp. π/4 or π/4);
(b) otherwise, a and b do not meet.
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